The lattice of all closed subspaces of infinite-dimensional, separable, complex Hubert space has these seven lattice-theoretic properties: 
Real and quaternionic
Hubert space have the same properties. The question arises whether these are the only three lattices (up to ortho-isomorphism) having them. The problem underlying this question is one of coordinatization, that is, the realization of an abstract lattice, described only by algebraic properties, as a lattice associated in some natural way with a concrete object, for example, the lattice of projections of Hubert space. Work towards a coordinatization theorem for lattices with the above properties has been done by MacLaren [4] , [5] and Zierler [ó] . The former showed that if L has properties (i) through (vi) and if dim L^4, then L is ortho-isomorphic to the lattice of closed subspaces of a semi-inner-product space over some division ring D. Our question is whether the assumption (vii) is enough to force D to be either the reals, the complex numbers, or the quaternions.
An answer of "yes" would characterize completely, in terms of lattice-theoretic properties, projection lattices of Hubert space and would thus be of great importance in the study of the logical foundations of quantum mechanics [7, p. 71 ]. We present here some evidence in support of the possibility of an affirmative answer. Let F be any division subring of the real quaternions H. We denote by \x\ =(a2-\-b2-r-c2+d2)112 the norm and by x=a -bi -cj -dk the conjugate of x=a-r-bi-\-cj-\-dkEH.
The map x-*x is an involutory anti-automorphism of H. Consider /2(F), the linear space of square-summable (with respect to the above norm) sequences from F. Define a definite, Hermitian, conjugate-bilinear It is also easily seen that this lattice is irreducible, atomistic, and separable. However:
Theorem. L is orthomodular if and only if F = R, C, or H.
Proof. Only the "only if" part of the theorem needs proof. We give the proof for the case FQR only (that is, FÇLR and L orthomodular imply F = R). The proofs of the other two cases (that is, FQC, but F £R and FQH, but F %Q follow from the fact that Since tEF, we may conclude yEF, as desired. Added in proof. The fact that (aVi)Aöx^0 for distinct atoms a, b also follows from If-symmetry, so the theorem remains valid if we replace "orthomodular"
by "Af-symmetric." Hence, this L is orthomodular if and only if it is Jlf-symmetric. It follows also that the closure operation M-^M-*-*-is Mackey [8, p. 1518 ] only when F = R, C,orH.
